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ABSTRACT
This paper proposes the new contractive mapping based invariant points in topological space by the study
of topological semigroup over the fixed point. This mapping is defined in metric space into itself under
the new condition involved the inequality sign of less than or equal to. The continuous and equicontinuous properties are studied over the convex subset. The fixed-point properties in convex space is
generalised in this paper. The reversibility of the topological semigroup is applied to propose the new
invariant points.
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I. INTRODUCTION
The study of surface is topology. Topology is the
study of special characteristic of the set. The
points of the set and its neighbourhood properties
referred a topological space. In this paper, we
review the topological space over the topological
semigroup properties. By this, we will find some
new invariant points in topological space.
Levine [10] presented an application of the semiopen sets and semicontinuity in topological space
in 1963. In 1966, Velicko [18] introduced Hclosed topological space. The convex space in
reviewed in this paper.
Crossley et al [2] found some new properties on
semi-topological space in 1972. In 1982, Masshour
et al [11] studied precontinuous mappings. Next
year, Gould et al [9] discussed the continuity
properties of the functions. In 1985, Reilly et al [6]
put the new concept of continuity in topological
space.

In 1999, Gould [8] generalised the continuity for
variation. The generalised topology is established
in 2002 by Csazar [4]. Next year, he [5] gave the
new definition of the connected set. He [3]
overviewed the open sets in 2005. He [7] modified
the previous results in 2008.
Next year, Min [13] proposed the ordered
continuity.
Shen
[17]
generalised
the
connectedness in 2009. In 2010, He [14]
developed generalised topological space.
Bai et al [1] discovered the new irresolute function
in 2011.
This paper defines a new contractive mapping in
the metric space with some new characteristics.
II. METHODS AND MATERIAL
Topological Space : A topology on a set X is a
collection  of subsets of X, that,
a. Contains  , X .
b. Closed under the formation of finite
intersections, and,
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c. Closed under the formation of arbitrary unions.
Hence the ordered pair ( X , ) is called a

A map of product topology is defined by,
S  S  S.

topological space.
This map is continuous (jointly).
III. RESULTS AND DISCUSSION
Proposed Results : Let S be a topological
semigroup and I be a closed ideal of S. First, we
propose the new mapping of contraction, which is
given in below:
3.1. Definition (New Contractive Mapping) : A
mapping T of a metric space E into itself is said to
be contractive if the following conditions holds:
1. d (Tx, Ty)  d ( x, y).
2. x  y.
3. x   , y    E.
4.

x
 .
y

5.

x
y

.
y
x

The next definition is based on   contractive
mapping, which is presented below:

The Rees Congruence is defined on the ideal by,
 I   S  ( I  I ).
Where,
 S  ( s, s) : s  S .
Hence,
It holds the compact subsets. Thus an invariant
point is s in topological space.
This completes the proof. Next is lemma on
isomorphism of the invariant points in topological
space.
3.2. Lemma: I  J .
Proof: Let I and J be the two ideals of the
topological semigroup S.
By Topological Rees Congruence,

3.2. Definition (New   contractive mapping) :
A mapping T is said to be   contractive mapping
if it holds the followings:
x
1. 0  d ( )   .
y

x
2. d (Tx, Ty)  d ( ).
y
The following theorem lies with the invariant
points in the topological space.
3.1. Theorem: I / S is an invariant point in
topological space.
Proof: Since, S / I is a Hausdorff k w  space.
Let a map be  defined by,
 : S  S / I.
Suppose,
I  S.
Then,

I and J are the closed ideal.
Thus,
S / I  J / I.
But,
I : I  I,

J : J  J.
Since,
 I and  J , both is the closed map, hence,

I  J.
IV.CONCLUSION
The new invariant point defines the Euclidean
distance in rational fixed point condition. The
fixed point considered as the contractive point
under the semi topological space. An invariant
point on the Hausdorff space is studied in this
paper. This point shows that the compact space
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over the compact subsets is closed. The union of
the countable collection of the compact subset is
the resultant of this point. Another new result
came as the semigroup which called topological
semigroup, if the multiplication be jointly
continuous.
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